INTRODUCTION
A graph G is well-covered if every maximal independent set of vertices in G is also maximum. This notion was introduced by Plummer in [6] . Several results on the subject have been published since then, and a thorough review can be found in [5] .
The recognition of well-covered graphs is known to be Co-NPC. This was independently proved by Chva tal and Slater and by Sankaranarayana and Stewart [7] . Caro et al. [1] proved that the problem remains NP-hard where the input graph is restricted to have no K 1, 4 induced subgraph.
However, there are certain families of graphs where well-covered graphs can be recognized in polynomial time. Such results are proved, either by means of a complete, easy (i.e., polynomial) to detect, structural characterization of well-covered graphs in the family (such characterizations are presented and reviewed in [5] ), or by an explicit description of a polynomial algorithm. Lesk et al. [3] developed a polynomial time algorithm to recognize graphs in which all maximal matchings are maximum. They referred to such graphs as equimatchable. Clearly, a graph is equimatchable if and only if its line-graph is well-covered. Hence, Lesk, Plummer, and Pulleyblank's algorithm can be interpreted as a polynomial algorithm to recognize well-covered line-graphs. In a previous paper [8] we developed such a polynomial time algorithm for the wider family of all claw-free graphs (graphs which contain no induced subgraph isomorphic to K 1, 3 ). The algorithm presented in [8] strongly relies on Lesk, Plummer, and Pulleyblank's result by actually using their algorithm as a subroutine.
In this note we present an alternative very simple algorithm to recognize well-covered claw-free graphs. Lesk, Plummer, and Pulleyblank's algorithm is not used here and hence, this is also an alternative to their rather involved proof.
Further Notation and Definitions
Let G=(V, E) be a graph, a # V a vertex of G, and A V any set of vertices. Following are some notational conventions that we use in this paper: The neighborhood N(a) of a is the set of all vertices adjacent to a. 
THE STRUCTURE OF WELL-COVERED GRAPHS
Our algorithm is based on the following simple structural characterization of all well-covered graphs.
Proposition 2.1. Let G=(V, E) be a graph which is not well-covered and let A and B be two maximal independent vertex sets in G, of distinct cardinalities |A| {|B|, such that their intersection A & B is of maximum cardinality among all such pairs. Then every vertex in A"B is adjacent to every one in B"A (namely, the corresponding induced bipartite graph is complete). 
RECOGNIZING WELL-COVERED CLAW-FREE GRAPHS
We apply Lemma 2.1 to obtain a simple proof for the main result of [8] .
Theorem 3.1. Well-covered claw-free graphs can be recognized in polynomial time.
Proof. A complete bipartite induced subgraph of a claw-free graph, with vertex set partitioned into two sides of distinct cardinalities, includes at most three vertices and hence all such subgraphs of G=(V, E) can be listed in O(|V| 3 ) time. It remains to decide for each such bipartite subgraph P, on vertex sets X and Y, if it allows the existence of an independent set S, as stated in Lemma 2.1, in which case the graph G at hand is not well-covered.
Let N (P) denote N (X _ Y) and let T be the set of vertices in N (P), which are adjacent either to X, or to Y, but not to both. Recalling Lemma 2.1, the required set S is a maximal independent subset of V "N (P), which dominates T. Any (not necessarily maximal) independent subset S$ of V"N (P), which dominates T, can clearly be expanded to obtain S. To find if such S$ exists we define a weight function w on V "N (P), by w(x)= |N(x) & T|. Any vertex y in T is, by definition, adjacent to a vertex of P. Since G is claw-free, two non-adjacent vertices of V "N (P), cannot be both adjacent to y. In other words: If I is an independent subset of V "N (P) then w(I ) is exactly the number of vertices in T which are adjacent to I. We now apply any polynomial algorithm to find a maximum weighted independent set in a claw-free graphs, e.g., Minty's algorithm [4] , to find if there exists an independent subset S$ of V"N (P), with w(S$)= |T |. K
CONCLUDING REMARKS
A structural characterization of graphs which are not well-covered, similar to Proposition 2.1 and Lemma 2.1, has already been observed by Caro et al. [2] . Although they state it in terms of minimal non-wellcovered graphs, their characterization reflects the same phenomenon and has essentially the same strength. The main result of [2] is an algorithm for recognizing well-covered graphs with a certain f (|V| ) logarithmic upper bound on the maximum vertex degree, which imposes a polynomial bound on the time required to check the condition of Lemma 2.1.
Proposition 2.1 and Lemma 2.1, as well as the characterization in [2] , can also be derived as the graphic instance of [1, Theorem 2.7] , which presents the structure of general``minimal non-greedy hypergraphs.''
